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Abstract

Using regression techniques, I re-analyzed the dataset cited by the US Environmental

Protection Agency in its Exposure Factors Handbook that contains measurements of

skin area, height, and body weight for 401 people spanning all stages of development.

This re-analysis shows that a univariate model for total skin area as a function of body

weight gives useful practical results with little or no loss of reliability as compared to the

Agency's bivariate model. This new result leads to a new method to develop LogNormal

distributions for total skin area as a function of body weight alone. Because these new

methods replicate previously published results with much less effort, I recommend their

use in probabilistic exposure assessments and risk assessments.

Introduction and Data

Dermal exposure to hazardous materials may result in risks to human health. To

characterize this risk, the analyst needs to know the total skin area of the people

exposed and the fraction of skin exposed.

Early in this century, Dubois and Dubois (1916) published a formula for predicting the

total skin area as a function of the height and weight of a person. The form of the

equation has proved useful and durable despite the fact that Dubois and Dubois had

only nine observations:

SA = f( Ht, BW ) = a Ht b BW c Eqn 1

where SA represents total skin area measured in m2, Ht represents height measured in

cm, BW represents body weight measured in kg, and a, b, and c are empirical constants

found by fitting a plane to this equation transformed by the natural logarithm function:

ln[ SA ] = ln[ a ] + b ln[ Ht ] + c ln[ BW ] Eqn 1a
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In the last 80 years, other researchers have made more measurements of total skin

area and they have refined the fit of the equations (see especially: Boyd, 1935). In 1970,

Gehan and George used 401 observations to revise the estimated values for

parameters a, b, and c. Gehan and George estimated the parameters for three different

age groups (<5 yr, 5 yr to 20 yr, and >20 yr), but they found that it was not necessary to

estimate each group separately.

In 1985, the US Environmental Protection Agency (US EPA) published a report

(Anderson et al., 1985) which re-analyzed the 401 observations used by Gehan and

George. Using multiple regression (Draper & Smith, 1981) to fit the plane in Eqn 1a to

the 401 observations, Anderson et al. found that â = 0.0239, (or ln[ â ] = -3.73), b̂=

0.417, and ĉ= 0.517 with R2 > 99 percent. These parameters are all statistically

significant since they have t-statistics with absolute values ranging from 7 to <195.

These results agree with Gehan and George to two significant figures. Since then, the

Agency has published these results in all editions of the Exposure Factors Handbook

(US EPA, 1990; 1995; 1996), a document that influences most if not all of its regulatory

programs involving exposure assessment.

In recent years, Murray and Burmaster (1992) and Phillips et al. (1993) have published

methods to develop and/or simulate probability distributions for the variability of total

skin area in a population. Since each of these methods has proven cumbersome for

routine use in probabilistic exposure assessments, I undertook this research to seek a

simple yet robust and reliable way to develop probability distributions for the total skin

area in a population.

From various publications, principally Anderson et al. (1985) with confirmation from

Gehan and George (1970) and Boyd (1935), I recreated the database relied upon by the

US EPA (1990; 1995; 1996). This database includes measurements for 401 individuals:

161 people identified as males, 140 identified as females, and 100 not identified by

gender. In this database, the males range in age from <1 mon to 794 mon [66 yr, 2 mon]

and weigh from ~2 to ~80 kg; the females range in age from <1 mon to 456 mon [38 yr]

and weigh from ~2 to ~98 kg; and those not identified by gender range in age from <1

mon to 600 mon [50 yr] and weigh from ~2 to ~92 kg. Overall, the database contains

many children, few teens, and many adults. After not finding any additional data in more

recent literature, I concur with the US Environmental Protection Agency's selection of

these data as a good source of information about total skin area as a function of height

and body weight.



  revised for Risk Analysis, 97-HE-015

14 June 1997 3 © Alceon  ®, 1997

Methods and Results

First, as a check, I refit Eqn 1a to the 401 observations using the multiple regression

routines in Mathematica® (Wolfram, 1991). Table 1 shows the results in the upper left

corner; they are identical to Anderson et al's (1985) results now widely disseminated in

the US EPA's Exposure Factors Handbook (1990; 1995; 1996). I also fit Eqn 1a to the

161 observations for males and to the 140 observations for females. Table 1 shows

these results in the top row. All the fitted parameters in the top row are statistically

significant and each regression of the log-transformed variables has an R2 > 99 percent.

As drawn by Mathematica® (Wickham-Jones, 1994), the 3D plots in the top panels in

Figures 1, 2, and 3 show the data points and the best-fit plane for each group of people.

(The best-fit plane is displaced by -0.5 so we can see all the data points.) The 2D plots

in the bottom panels Figures 1, 2, and 3 show the residuals from the plane. While the

residuals in the lower panels are acceptably small and show no apparent trend with

increasing body weight, the strong co-linearity of the data points visible in the upper

panels is a warning sign that multiple regression may not be appropriate (Draper &

Smith, 1981). Additional plots and analyses of the log-transformed data show that

regression of ln[ BW ] against ln[ Ht ] has an R2 ≥ 97.7 percent for all three groups. The

information contained in Ht and BW is nearly redundant.

Table 1 shows the results of the fitting two simplified models to the data for each of the

three groups. With c = 0, Eqn 1 becomes:

SA = g1( Ht ) = a Ht b Eqn 2

and with b = 0, Eqn 1 becomes:

SA = g2( BW ) = a BW c Eqn 3

Based on linear regressions of the log-transformations of Eqns 2 and 3, the center and

bottom rows of Table 1 show the best-fit parameters. From visual inspection of the fitted

lines and of the residuals from the fits, and from the consistent pattern in the R2 values

for the regressions, I conclude that Eqn 3 outperforms Eqn 2 as a predictor of total skin

area. The top panels in Figures 4, 5, and 6 show the best-fit straight line for Eqn 3 and

the center panels in the same figures show the residuals from that line. Based on the
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visual comparison of the residuals from the log-transformations of Eqns 1 and 3 to a 45

degree line as shown in the lower panels, I conclude that Eqn 3 does as well as Eqn 1

in predicting total skin area, but Eqn 3 has the advantage of having only one

explanatory variable. In practice, this is a big advantage with little or no loss of accuracy.

Brainard and Burmaster (1992) and Burmaster and Crouch (1997) have shown that the

body weights of males and females follow LogNormal distributions of this form (Evans et

al, 1993; Burmaster & Hull, 1997):

BW ~ exp[ Normal[ µBW, σBW ] ] Eqn 4

which is equivalent to:

ln[ BW ] ~ Normal[ µBW, σBW ] Eqn 4a

Here, exp[ • ] represents the exponential function, ln[ • ] represents the Napierian (or

natural) logarithm function, and Normal[ µ, σ ] represents the Normal or Gaussian

distribution with mean µ and standard deviation σ (with σ > 0).

When Eqns 3 and 4 obtain, total skin area follows a LogNormal distribution that is a

function of body weight:

SA ~ a • ( exp[ Normal[ µBW, σBW ] ] ) c Eqn 5

~ exp[ Normal[ c • µBW + ln[ a ], c • σBW ] ] ; c > 0 Eqn 5a

Thus, the distribution for SA has this LogNormal form:

SA ~ exp[ Normal[ µSA, σSA ] ] Eqn 6

with:

µSA = c • µBW + ln[ a ] Eqn 7

σSA = c • σBW Eqn 8

When ln[ â ] = -2.2781 and ĉ= 0.6821 as estimated for the 401 people in the database,

µSA = 0.6821 • µBW - 2.2781 Eqn 9
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σSA = 0.6821 • σBW Eqn 10

The results from Eqns 9 and 10 (for all ages) in combination with the results from Table

3 (for adults) in Brainard and Burmaster (1992) reconfirm the results (for adults) in

Murray and Burmaster (1992) to within a tight tolerance (taking care to convert the units

correctly). As an example, on page 459, Murray and Burmaster recommend this

LogNormal distribution for the skin area measured in m2 for adult men:

SAmen ~ exp[ Normal[ 0.671, 0.096 ] ] Eqn 11

while Eqns 9 and 10 and the results for adult men from Table 3 in Brainard and

Burmaster predict this LogNormal distribution in the same units:

SAmen ~ exp[ Normal[ 0.689, 0.116] ] Eqn 12

Above its median, Eqn 12 overpredicts Eqn 11 by a small amount because its

parameters are each numerically larger. For example, at two geometric standard

deviations above the geometric mean, Eqn 12 overpredicts Eqn 11 by ~5 percent.

Dividing each side of Eqn 3 by BW yields a new relationship that may be useful in risk

assessments involving only the dermal pathway:

SA
BW = a BW c-1 Eqn 13

Since 0 < ĉ  < 1, Eqn 14, next, needs selective use of the absolute value function

(denoted |x|) for the second parameter only of the LogNormal distribution) (Keeping,

1995):

SA
BW ~ exp[ Normal[ (c - 1) • µBW + ln[ a ], |c - 1| • σBW ] ] Eqn 14

Because SA and BW are perfectly correlated (ρ = 1) in this model, the variance for ratio

of the SA/BW is smaller than the variance of BW alone.
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Conclusions and Discussion

For all practical purposes, the log-transformation of Eqn 3 provides as good a fit to each

of the three datasets (for 401 people, for 161 males, and for 140 females) as does the

log-transformation of Eqn 1. The resulting estimates of ĉ in Eqn 3 for scaling skin areas

as a function of body weight for people of all ages compares well with ĉ= 0.69

published earlier (Boyd, 1935; see also discussions for other species in Calder, 1996).

The value found here compares well to the theoretical value (2/3) for spheres, cubes,

tetrahedra, or any family of self-similar solids (Thompson, 1961; Rhomberg, 1997).

This first result -- in combination with the results for adults from Brainard and Burmaster

(1992) and with the results for all ages from birth to age 74 years from Burmaster and

Crouch (1997) -- yields LogNormal distributions for total skin area as a function of body

weight. Based on the results in these three papers, I recommend this new method

(Eqns 6, 7, 8, 9, and 10) as equally reliable and much less cumbersome than the

methods previously recommended in Murray and Burmaster (1992) and Phillips et al.

(1993).

When used with great care to avoid the severe problems and spurious results caused

by failing to consider correlations and instantiations in probabilistic risk assessments,

Eqns 13 and 14 for the distribution of the ratio SA/BW may have some limited

usefulness in risk assessments involving only the dermal pathway. However, as soon as

a risk assessment involves additional pathways, Eqns 13 and 14 may lead to large

numerical errors as discussed cogently in Smith et al. (1992) and Ferson (1996). In

calculations involving multiple pathways, not just the dermal pathway, it is important to

avoid the use of Eqn 14 since there is no way to preserve the proper correlations with it.
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Table 1
Results from the Regressions

for Skin Area as a Function of Height and/or Body Weight

• For 401 People --- >> • For 161 Males --- >> • For 140 Females --- >>

ln(ahat) bhat chat adjR2 ln(ahat) bhat chat adjR2 ln(ahat) bhat chat adjR2
••••• ••••• ••••• ••••• ••••• ••••• ••••• ••••• ••••• ••••• ••••• •••••

Eqn 1: SA = f( Ht, BW ) -3.7330 0.4170 0.5170 0.9921 -3.5933 0.3771 0.5371 0.9937 -3.3909 0.3209 0.5496 0.9961

Eqn 2: SA = g1( Ht ) -8.1700 1.6963 zero 0.9806 -8.1784 1.6984 zero 0.9798 -8.2014 1.7019 zero 0.9860

Eqn 3: SA = g2( BW ) -2.2781 zero 0.6821 0.9909 -2.2752 zero 0.6868 0.9926 -2.2678 zero 0.6754 0.9956

Alceon ®.
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